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The Basel Problem: a timeline

∼1360: Nicole Oresme (1325–1382), in Paris, proves that
∑

n≥1
1
n = ∞.

1650: Pietro Mengoli (1626–1686), in Bologna, poses the Basel Problem:
what is the value of

∑
n≥1

1
n2 ?

1689: Johann Bernoulli (1667–1748), in Basel, shows that
∑

n≥1
1

n2+n
= 1.

He also shows that
∑

n≥1
1
n2 ≤ 2 and observes that the Basel Problem is

“more difficult than one would expect.”

1728: Christian Goldbach (1690–1764), in St Petersburg, probably proves
that

∑
n≥1

1
n2 ≤ 5/3.

In the meanwhile, the Basel Problem is discussed by:

John Wallis (1616–1703)
Gottfried Wilhelm Leibniz (1646–1716)
Jacob Bernoulli (1654–1705)
James Stirling (1692–1770)
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The Basel Problem: a timeline (continued)

1650: P. Mengoli poses the Basel Problem: what is the value of
∑

n≥1
1
n2 ?

Leonhard Euler (1707–1783), in St Petersburg

1731: computes
∑

n≥1
1
n2 to 3 decimal digits.

1733: computes
∑

n≥1
1
n2 to 20 decimal digits.

1734: computes
∑

n≥1
1
n2 to “infinitely many” decimal digits. First proof

of the Basel Problem.

1748: Second proof, with more details.

1997 McKinzie & Tuckey complete Euler’s proof, without modern tools, in
Hidden Lemmas in Euler’s Summation of the Reciprocals of the Squares.
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Basel Problem: the modern quest for the “simplest proof”

Mr Judge’s favourite proof of the Basel Problem is geometric, by Johan
Wästlund in 2010. 3Blue1Brown made a video: link in the worksheet.
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After the Basel Problem: a Millennium Problem
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